Is this still true for the family B := {Br(x) : x ∈ Q n , r ∈ Q + } ? Denote by Br(x) an open ball in R n with centre x and radius r. Show that the Borel sets B(R n ) are generated by the family of open balls B := {Br(x) : x ∈ R n , r > 0}. Is this still true for the family B := {Br(x) : x ∈ Q n , r ∈ Q
To see the integral formula we assume that α 0. Then (αu) ± = (−α)(−u) ± = −αu ∓ and the formula follows directly from Definition 10.1. The case α 0 follows in a similar way. p 78, Theorem 10. 4, proof (ii) line missing, add −→ .... by 9.8(iii). For the integral formula observe that
and we can integrate this equality and use 9.8(ii) to get
Since all terms are finite, we can rearrange this equality and use Definition 10.1 to see
be a numerical integrable function u ∈ MR(A) be a numerical measurable function p 82, line 9,10 above 10.9(i) = (twice)
Let X be a random variable on . . . Let X be a positive random variable on . . . The conjugate index is given by q := 1/(p − 1) < 0. The conjugate index is given by q := p/(p − 1) < 0. p 122, line 11 below
p 133, Problem 13.14, line 9 below 
. . p 141, Prob. 14.11, line 2 below . . . commutativity of the convolution which was used in . . .
. . . associativity of the convolution which is implicit in . . .
|DΦ(x)| 2 p 160, Prob. 15.6(ii), line 4 below
p 161, Prob. 15.6(vii), line 14 above Prob. 15.7(iii) , line 8 below (iii)⇒(ii): Since lim j→∞ |u j | p dµ = |u| p dµ, there exists some constant C < ∞ such that sup j∈N |u j | p dµ C, and for every > 0 there is some N ∈ N such that
and we see for every ∈ (0, 1) that
This implies for all j ∈ N that
Denote the three integrals I 1 , I 2 and I 3 , respectively. Because of assumption (iii) we know that
Moreover, (iii) shows that sup j∈N |u j | dµ C < ∞ which means that
Finally, the inclusion
continues on next page PAGE, LINE READS SHOULD READ continuation Splitting the integration domain into three parts,
we get
By dominated convergence, the two integrals on the right hand side tend to 0 as η → 0 resp. R → ∞. Thus, we may choose η = η and R = R such that
Since the set {|u| p η/κ} has finite µ- 
Letting first j, k → ∞ we find because of
The last two terms vanish as → 0 and R → ∞ by the dominated convergence theorem 12.9, so that lim j,k→∞
From this we conclude that for W = 2w ∈ L p + (µ) and large R > 0
The last two terms vanish as δ → 0 and R → ∞ by the dominated convergence theorem 12.9, so that lim j,k→∞ 
Set f 0 := 0 and u 0 := u 1 dµ.
. . , X 2 n ). Show that An := {X 2 n−1 +1 + · · · + X 2 n = 0} is for each n ∈ N contained in An and Let An = σ(X 1 , . . . , X n 2 ). Show that An := {X (n−1) 2 +2 + · · · + X n 2 = 0} is for each n ∈ N, n 2 contained in An and p 200, Prob. 18.6(iii)
The sequence M 0 := 0 and M n+1 := Mn(1 + X 2 n +1 ) + 1 An X 2 n +1 , n ∈ N 0 , defines a martingale (Mn, An) n 1 .
The sequence M 2 := 0 and M n+1 := Mn(1 + X n 2 +1 ) + 1 An X n 2 +1 , n 2, defines a martingale (Mn, An) n 2 .
p 214, line 2 above sup 1 Prob. 19.9 drop the hint p 225, Prob. 19.14 A martingale (u j , A j ) j∈N is called A martingale (u j , A j ) j∈N on a σ-finite filtered measure space is called p 231, (20.13) ... Prob. 20.5 an inner product space a real inner product space p 237, line 3 below ..., αg + βh
twice: s j twice: u j p 281, lines 10-11 above (24.4) ... from the classical result that for j, k ∈ N 0 and , m ∈ N (−π,π)
p 311, line 10-13 below the paragraph (line 14 below -6 below): "Let us finally turn ... a.e. limit Wt(ω)" is corrupted (the exponent 4 is missing) and should be corrected as follows (see also bonus material for an extended version):
Let us finally turn to the dependence of Wt(ω) on t. Note that for which means that the partial sums S N (t; ω) of Wt(ω) converge in L 1 (dω) uniformly for all t ∈ [0, 1]. By C?? we can extract a subsequence, which converges (uniformly in t) for λ(dω)-almost all ω to Wt(ω); since for fixed ω the partial sums t → S N (t; ω) are continuous functions of t, this property is inherited by the a.e. limit Wt(ω). continues on next page
